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The asymptotic theory of ideal originated with the investigation in a

noetherian ring A of the Samuel number v;(J) associated with each pair
(1, J) of non-nilpotents ideals having the same radical and
n
5,(J)= lim %J)

n—s+oo

the limit being reached from below and v;(J) = sup{re N/J c I"}.

In this paper, we give some aspects of generalized Samuel numbers
7,(g), where h = (H, Jneny 1S @ quasi-graduation of sub-monoids on a
semi-ring A and g = (J,),. is a filtration of sub-monoids on A. It is

shown that

;(Ji)
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1. limg_, ., 2 3 exists in R and we have

l th(‘l ) <

2. 1f g =(J,),cy is an AP-filtration on A such that J, c H,, then

th(‘ln).

7,(g) existsin R and we have 7,(g) = lim,_, .,
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